
a Cda (G) ≤ n

⇒ ヨ… +OJO → Pht - … → PoT e
'
Cx)-10

a projective resolution

a CdaCG) ≠ sup {
daofcomponents ofG } .

( X.G )= (xi .Gi )
. Gi is Li - Lipschitz equiv . to a tree .

。 Li ta
∞
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Exampleofprojective resolution :

G= 品graph φ. Ugraph φi )

Is : dompo imφobigections.

graphφ = { (φx, x) l xf domxd

‰
→ … → 超串RGRG やl '℃x) + o

ECl0x) = 1x

∂0( 10×[i])
= Igraphφ: - IDimφi

o If G is acydic :

im202 RG- Iwimφ.is projective .

m1 cdaCG ) ≤ 1
.
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cdaCG) = 0 ⇒ G isunifornlyfinite.
prf : CdaCG ) = 0 ⇒ e

'

(x) is projective .

⇐ 雪器 e(x) EoO = ide(×)

a =o (( x )satis-fies

(1 ) E(a) = 1x

i
.
e
.

,

I a(x
,
Z) = 1

ZEX

(2) a is leff - inv .

i
. e
, a(x Z) = aly , 2) if x . yE [EJG

myForeachequiv. class ,

ヨZ sit ,a(x .Z ) =a( y
.Z ) キ O tx .yE]G

n )diam(Cz] G )isuniformly bounded .

口
ー
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Now consider (GH
. RG) "

← … ← HomaG (惑民.ε) ← Homa(RG
2

. RG)

21 21

前匠 匠

is a seq of right 2G - modules
～y H

"

CG .2G ) are right 2G -modales .

. CDCdaCG>≤1

⇒ HCG,RG)isa f .g . - right 2G - module .

(2) cda (G ) ≤ 1 & H
「
CG , RG) = 0

⇒ cda(G) = 0
.
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. Decomposition of Bovel graphs
( I. )

(X .G) a Bovel graph W/ UBD .

SupposethatH 'CG ,RG) is a f. g .

right RG- module .

Then aCY ,
G's a Bovel gnaph W/ UBD

σ (X , G) ↳ (Y.G') Lipschitzly

(
ie

.
f : XtY Bovel injective

ヨLI 1 tx . x'e × ,

EIdaCx
.
x
)≤ dG'Cf(x).fx)) ≤ LdG (x.x

G '
=
T *K w (Tandk Bovel subgraphs

a T is acyclic .

σ H
'(K

.
RK ) = O

.

https://goodnotes.com/


. WhatisH 'CG , RG) ?

WG
:

=the set of SEeCEG )

Sit
. ExEX ECY . Z)EGx

Y . ZA Bu-、x) ⇒ f(y .x) = -f(Z .
x)

⑨N111K
WGWe is a night2 G- module :

H 'CG ,RG) ZWG/NG+G
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. Acutof G is a subset

CC Ex] G of an EG - dass

S .t. avC is bounded .

上
.

Ca family ofcuts of G .

H'CG,RG )isgenerated by C

I WG is generated by

{ fEWGIExEXACEC fE , x ) = Ic {
URGLWG )

. C )HCG.RG)isS .g .
itisgeneratedbya Samilyofcuts

w/ uniforenly bounded boundaries .

(2) H'CG,RG ) = 0

⇒ it is generated by the empty Samily
of cats

.
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. Proof of Thm 2

SupposeHCG,RG)is f. g .
1
.
an

,
Ci= { Cl diam(c) En } generates
HCG

. RG)

2
.
C =器
"

CE ,
where Cr is a Bovel fawily

sit, a complement- closed

o nested

d. e . EC .DE Cr , either

CMD , EnD , CMtor ens
is empty .

3
.

GGTI*GIG T π* T2 *Gz ↳
C 些

… CnT*… * Tu * Gn
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For simplicity , assume C= C
.

Fix Cx , Y ) EG .

m) ScECl xtcay } is finite

and linearly ordered :

xtCoEC 手 … GCe ≠ y

Do this operation forall edge
me Get a BovelgraphCY. G ').
Then ∞ (X , G ) G CY

, G
') is Lipschitz .

a C is regarded as a Borel nested

family of cats of G .

8 C generates HCG ! RG ' ) .
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Now each edgeofG is separated
by at most one pair of opposife cats .

l /

GY 111

Q*、
¤入
Q

Fix a pair C . E )

1
.
select one edge separated by this .

2
. Add new edges
∂iv( cx ∂ivC)U (2ivtUaive )

https://goodnotes.com/


Weget G
"
= T* K LP G

'

T : the edges separated by C

K : ー not separated by
C.

～s . T is acyclic
o H

'Ck
,
RK2 is generated

by the empty cats .

口
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